Abstract. In this note, we give an alternative proof of the generating function of pBernoulli numbers. Our argument is based on the Euler's integral representation.
Introduction
The p-Bernoulli numbers B n,p (n, p ≥ 0) was introduced by the second author in a recent paper [6] as a generalization of Bernoulli numbers, which are defined by the following exponential generating function
where 2 F 1 (a, b; c; z) denotes the Gaussian hypergeometric function. Please refer to [1, 2, 3, 6] for more details on these numbers. In [3] the authors gave the closed formula for the exponential generating function of B n,p in terms of the harmonic numbers.
where H n is the harmonic numbers defined by
In this note, we give an alternative proof of the generating function of p-Bernoulli numbers. The proof of Theorem 1, is based upon the formula [6, p.361]
Remark 2. Note that Prodinger and Selkirk in [5] presented a simple proof of (2) by using elementary methods. Another proof was also given by Kuba in [4].
Proof
From (3) and binomial formula, we get
Now, making the substitution u = (1 − e t ) x, we have
Since the integral representation of harmonic numbers is
Then we have
Using again the binomial formula, we obtain 
